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Evésiktikég Mo
B’ TYMNAZXIOY

Hpopiqpa 1
Noa vroAoyicete TV T TG OPOUNTIKNG TOPACTACTG:

o (—20)° L 15 +(—8)3 _(;3)‘3 |

Avon

- SR G

popinpa 2 /,
Atvetan 16omAevpo Tpiyovo ABIT mhevphg a. Xto //
onueio A o@épovpe evBuypappo TUUO AA =« jxm ,.
k6Beto mpoc v mAevpd AI. H mpoéktoon g /\
dwpécov BE téuver 1o guboypappo tuqua I'A oto /" \/\E /
onueio Z. AT

(a) Na amodeitete 6Tt ZA=7T". / ///' \\ .-

B LT ‘\3" r

(B) No Bpeite mooeg poipeg eivor n yovia AAB.

Avon

(o) H d1épecog BE tov 1comAevpov tprydvov ABT elvat Hyog ko diyotdpog, dpo kot
pecokafetn g mAevpag Al'. Emopévmg to onueiov Z anéyel ioeg amootdoelg amd ta,
onueia A xou I', Snodn ZA =ZT.



Zyfpa 2

(B) Eneidn eivan AA = a, 0 Tpiywvo ABA gival 160oKeAES e
AAB = ABA (1)
H dudpecsoc BE tov w6émievpov tprydvov ABI eivon ko byog, apa kabetn mpog tnv
nievpd AT, 0nmg elvar kdBetn Ko AA, and v vtobeon. Enopévag givan
BE|| AA, omote

AAB = ABE )
Ao t1c oyéoelg (1) ko (2) Emetan 6Tt
ABA = ABE. (3)
Apa n BA givar dtyotopog g yoviag ABE, ondte Ba Exovpe
ABA=ABE=ABE_30 45
2 2
a@o¥ N BE &ivot ko dryotopog g yoviog B, onrodn ABE = ABL = % =30".

Enopévmg, Aoym g (1) £povpue AAB =15,

Mpopinpa 3
"Eva katdotpo moiodce pio thAedpaon mpwv Tic ekntdoel 540 gvpm. Tnv mepiodo twv
EKMTMOOEMV TNV TOAoVoE pe ékntwon a% . Mg 10 TEMOC TOV EKTTOCEDV TO KOTACTNLOL
avénoe v TR Tov TOAOVoE ™V Aedpaon otTig ekntdoels Katd L%. Avtd gixe og
OTOTELECUO M TN TOANGCNG TNG TNAEOPACTG Vo YiveL {01 He TNV TN 7OV Eiye TPV TIG
ekmtmoelg . Na Bpeite Tnv T tov f 6LVEPTAGEL TG TN TOV & .

Avon
H 1y moAnong g tiedpaong v Tepiodo TV EKTTOCEMV glval
540 - 240a EVPO.
100

H tyun ¢ tiedpaong petd v mepiodo TV eknTtdce®v Oa yivel

540- 2202 | (549 5402 ) B 6
100 100 J100

2opeova pe v voddeon tov TpoPAnpaTog Ba 1oyveL:



540- 2200 | (549 2802 B 540 o (540-239% ) 5 _ 540,
100 100 100 100
540(100-«) 540« -100 100«

f=540a & f=—r " & fi= :
TR p 540(100 - AT

<

Mpopinpa 4

Ola o ynoeio Tov Betikol axépatov apBpov A elvar ioa eite pe 8 elte pe 9 kot
KaBéva amd avtd To yneio epgavietor TOLAGYIGTOV o @opd otov aptdud.
Noa Bpebel n ehdyom tiun tov A, av avtdc oupeitor pe 10 4 kor pe to 3.

Avon

IMa va dtupeiton Evog apBuog pe 4, 1o TEAELTOL0 OIYNPLO TUNLO TTPETEL VO dlaipEital

pe 10 4 (xkpumpua dwpetdomtag A I'vuvaciov). Ot mbavég mepTAOGES Y100 TO

terevtaio Owynelo Tunpe tov apBpov eivar: 88,89,98,99. And avtovg poévo o 88

dwupeiton pe to 4, omdte 0 A mpémer va. AMjyel og 88. Emiomng, €povue Ot €vog

axépatog dtapeitan pe to 3, étav to dfpotopo Tov ymeiov Tov doupeiton pe 3.

Av vroBécovpe 0tL 0 apBuog A etvar Synelog, 10te mpénet A =88, o omoiog dev

dwopeiton pe to 3.

Av o apBudc eivar Tpiynerog, tote Ba eivon gite o 888 eite o 988. Opwg otov 888

dev ypnowomoteitar to yneio 9, evod o 988éysr dabpoioua ynoeiov 25 ko dev

dwopeiton pe to 3.

Av 0 ap1Buog etvar TeTpoyeLog glval £vag amd TOLG TUPUKAT®:
8888,8988,9888,9988 .

Opwg ot apBpoi 8888,9988 £xovv dbpoopa ynoimv 32 kot 34 avrtiotoya, dpa dgv

dtopovvtan pe to 3.

Emopévac, ot povor tetpaynerot mov tkavomrotovv T cuvinkeg tvor o 8988,9888 ,

ondte M EAdyloTn T ToL A givor 8988.

I'" TYMNAXIOY

Mpopinpa 1

Av a= 132V 277 xon B=107":100", va PBpeite v oplOunTiky TR Tng
TOPAGTOOTG:
R (a*~B) +a*p-2p+2d°
- a’ +af—-10a
Avon
’EXOUMS ot a = 13% : 221/—1 _ (%j : 221/—1 — 4" 22v—1 — 22v : 22v—1 — 22V—(2v—1) =2.



ko B =10%":100" =10**":10% =10 , ondte sivan & =4, a® =8 kan

(@ - By +a’B-2B+2a’ (8-10)+40-20+8 —8+40-20+8

A= 5
a” +af -10a 4+20-20 4

5

Mpo6pinpa 2

Atveton gvBoypoppo tpuquo OK =a kot 600
KOKAOL OKTiVOG @@ Tov £0VV KEVIPO 6TO. GNUEiN
O xat K, ot onotor tépvovton oto onpeion A Ko
B. To onueio I' aviker oto 1060 KB a1 m
evfeio I'K tépver tov xoxdo C,kévipov K xon

axtivag o oto onueio A. H gvbeio OK tépver
tov kOkAo C,xévipov K ko oxtivag a oto

onueio E. Av givan KOT = 45° , va Bpeite :
(o) mooeg poipeg eivan n yovia KAE,
(B) To gupadodv tov tprydvov OI'E cuvaptiost tov o .

Avon
() To tpiywvo OKI éyer OK =0T =, omote givar 1oookeréc pe Paon KI'. Apa
&xel TIC Tpookeipeveg otn Pdomn yYovieg Tov ioec, ondte Oa eivar:

Zynua 2
OKTI = 180 ~45 = 1?;5 =67,5" poipsc.

Emiong, emedn ot yovieg AKE xon OKT eivan koté: KOPLON, £XOVLLE
AKE = OKT =67,5° poipec.

H yovia KAE sivat pia amo T1g ioeg ywvieg Tov 160okel0g Tprydvov AKE (éxet
KA=KE =«a), onote



180" 67,5 112,5°
2

KAE =

=56,25" poipeg

(B) Eoto I'Z to vyog tov tprywvov OI'E and v xopven I'. Téte and to ophoydvio

tpiyovo OI'Z &xovpe

o2
2 )

I'Z=0-nuds =

omote 0 EUPaddv Tov tprymvov OT'E eivan
2
E(OTA) :%-Za-gz = 2\5

Hpoprnpa 3

O INapyog kar o1 eikot Tov £yovv 450 kapapéreg Tic omoieg poipacav petalh Tovg oe
ioo pepidw kol o kobévag mpe aképato apBpd Kopapéres. Ouwmg Tpelg amd Tovg
¢eidovg Tov [Mdpyov tov eméotpeyav 10 20% tov pepdiov tovg. 'Etor o Tdpyog
mmpe cuVolkd mepiocdTepeg amd 120 kapapéies. Na Bpeite mdool oy GuVOAKd o

IMopyog kot o1 eirot Tov Ko OGS Kapapéreg mpe o I'dpyoc.

Avon

‘Eoto 611 0 Tiopyog kot ot @idot Tov MTov GUVOAMKA X, .0mov X >4, amd Vv

. . . . 450 ,
vndBeon. Tote o kobévag tovg apyikd mipe —— KOPOUELEC.
X

enéotpeyav 610 ['idpyo cuvoAKd

20 450 270 CUbOLEE

100 x PANERLS

O TI'wpyog mpe cuvolkd
450 270 720 .
+ = KOPOUELES.

X X

2Opemva pe v voddeon Tov TPOPANUATOG , TPETEL:
7—20>120<:>120X<720<:> X <6.
X

O 1peig ogidot

Enopévog ot dvvatég téc yw to X eivar X=41 X=5.0poc n pn  Xx=4
amoppintetal, yioti ) dwipeon 450:4 dev divel aképaio miiko. Apa eivar X =5 Kot

o INwpyog mpe cuvorKd 7—20 =144 xopopéres.

Mpopinpa 4
Atvovton ot apiBpoi

A=3a5b=3-10°+a-10°+5-10+b xoux B=5c3d =5-10°+¢-10° +3-10+d .

A B
(o) Na amodeiEete Ot Yo omoladnmote ynoia a,b,c,d , woyvet ot % <—

45

A B
(B) Av avaueca ota kKAdouato T vIdpyovy aKpIPOS 0VO aKEPAloL, Vo

Bpebovv ot duvatég Tyéc tov yneiov a,b,c,d .

Avon



(a) Ioyvet 611 %: 3:2b < 3229 < 3920 =110. Emiong n wkpdtepn i tov 5¢3d

AouPavetor 6tov ¢ =d =0, dpa
B 5c3d _ 5030

—=—>—->111.
45 45 45
Emopévac, ya omoladnmote yneia a,b,c,d wydet ot
A 3a5b 5c3d B

—=—x<110<11l<——=—.
36 36 45 45
(B) And 10 mpdTO EpDOTNA EEPOLULE OTL TAVTO VTTAPYOLY OVO OKEPALOL OVALEGE TOVG,
70 110 kot 1o 111, apo? dei&ape 611 :% <110<111< %

[N va gtvor poévo avtol ot aképatot avapesd Tovg, Ha mpémet

109 < 32?’ <110<111< 503;0' <112,

Ao Vv avieotnto aplotepd moipvovpe ott 3abb >109-36 < 3a5b > 3924, omdte
apénet a=9 kot o b pmopel va mdpet omoradnmote Ty omd 1o 0 péypt 1o 9.
Ao v avicotnTa deE1d Taipvovpe

503;0' <112 <> 5c3d <112-45 < 5¢3d <5040 ,

ond6te ¢=0 ko to d pmopel va maper omowwdNmote T omd 0 uéypr 9.

A" AYKEIOY
Hpopinpa 1
Noa Bpeite 6Aeg TL axépateg TIHEG TOL X Yid TIG OTO1EG GLVOANBEVOVY Ol AVIGAOCELS:

(x2+x+1)(x—1)+5x£x3+x+19. (1)
2x-1 23 4x-21
-— )
3 9 9

Avon.
‘Eyovpe:

(X2+X+l)(X—l)+5XSX3+X+19<:>X3—X2+X2—X+X—1+5XSX3+X+19

S X -14+5x< X+ x+19 < 4x <20 < x <5,

2x-1 23 4x-21

3 9

& 6X—-3-23>4x-21< 2x>5<:>x>g.

Enopévmg, o1 600 avicm®oeglg cuvainbevovv yia 2 < X<5, ondte O1 OKEPOIEG TIUES

TOV X 7OV TIG GLVOANBEVLOVY givar ot TéS 3, 4 Ko S.



Hpoprnpa 2

Na Bpedei Oeticdc axépatog A=a,a, oo, =, 10" +a, -10"" +...+a, -10+ a,,
v > 2,0 onoiog €yel dBpoopa ynoiov ico pe 8, &xet yvouevo ynolov ico pe 8 kot
dwoupeiton pe 1o 8.

Avon

Emedn ta ymeia tov apiBpod £xovv yvopevo 8 kai dBpotopa 8, avtd mpémet vo ivan
dwupéteg Tov 8 mov €yovv abBpotopa 8. Ot doupéteg Tov 8 givor o1 Betikol aképarot
1,2, 4 ko 8. Emopéveg, Aappdavovtog vroyn 6t to molhamAidsio Tov 8 givat dptiot
aKEPALOL, Ol OLVATEG EMAOYEG YNeiwv glvat:

o 112 ko 4, ondéte mpokvmtovy ot apBuoi: 1124, 1142, 1214, 1412, 2114,
4112.And avtodg pe EAeyyo OOMIGTAOVOLUE OTL HOVO 0 aplBudc A = 4112
dtoupeiton pe 1o 8.

o 112272 omndte mpokbmTovy ot apBuoi: 11222, 12122, 12212, 21122, 21212
kot 22112 Amd avtovg pe €reyyo SmoTOVOLHE OTL HOvo o aplBudg A =
22112 duoupeiton pe 1o 8.

Mpopinpa 3

Atveton 1oookehéc piyovo ABIT pe AB=AT kot A=30". 10 OYyog AM Beswpolpe
onueio K dote MB=MI'=MK. Mg Bdon v AK xotackevalovpe tetpdyovo AKEZ
(oto nueninedo pe akun v AM, mov mepiéyetl to B) kan iodémievpo tpiyovo AKA
(oto mueminedo pe axpn v AM, mov mepiéyelt 1o ). No amodeifete 611 1O
evvypoppa Tppata AE ko I'Z, tépuvovrol méve oty AB.

Avon

| =

Lyfpa 3

[Mpodta Ba arodeiEovpe 6t Ta onueia K, Z givar cuvevBetaxd.

Amd 10 0pBoydVIO Kot 1606keAEC Tpiymvo MTK, éyovus: K, = 45°,

Ao 10 0pBoydVIo Kat 1600KeEMEG Tpiymvo AKZ, éyovpe: K, = 45°,

Apa to onueia I'K,Z eivar ocvuvevbetaxd, omote n I'Z givan pecokdbetog g AE (*)
Kot katd cvvéneto 1o tpiyovo ATE eivar icookeréc (TA=TE).

[oyvovv emiong o1 TapaKATO 1GOTNTEG YOVIOV:



El = EE = 15° G A = 30% kot El + Eg = 45° (51on EAK = 459),
Apa EAT = 60° kot ka6 cuvémeto 1o 1cookeléc Tpiyovo AET ivar icomievpo.
Emum\éov El + Ez =30°= Eg.

Apo.m AB eivon S1y0top0G TG yoviag F EAT (**).

>10 10001<8ng tpiymvo AKE 1oy0et AKE = 90°+ 60° = 150°.

Apa ﬂl + El =15°. Ene1dn] opog E1 + Eg = 45° , xoralyovps E2 = 30°,
dnAadn n EA givon Siyotdpog g yoviag AET (***).

Amo 10 ovumepdopato (*),(**) ko (***) xoatainyovpe 6t ov AE, I'Z ka1 AB
ovvtpéyovv, dnAadn ot AE kot I'Z tépvovtar mave otnv AB.

Mpo6pinpa 4
N Bpeite Evav Oetikd axépato K, o omoiog dtav mpootebei 610 yivopuevo
A =2017-2016-2015-2013-2012-2011,

va pog 0moel Afpotspa {60 e To TETPAY®VO VO aKEPAIOV.

Avon
Oétovpe N=2014 ko tote Egovpe: A =(n+3)(n+2)(n+1)(n—-1)(n—2)(n—3) kot Oa
npoomodioovpe vo yphyovps tov opldud A ot popen A = go(n)2 —k, oémov
(p(n)noh)(bvuuo HeTaPANTAG N pe aképalovg cuVTereoTég kol K OeTikdc aképatog.
Me extédeon tov mpdéemv, EYovue:

A=(n*-9)(n*-4)(n*-1) =n® -14n* +49n? - 36 =

=n?(n*-14n%? +49)-36 =n?(n*>-7)*-36
Emopévmg, av otov apbpd A mpocbicovpe Betikd axépoo K =36, naipvovue o1t
A+36=n%(n>-7)2=(n*=7n)?, mov divel évav BeTikd OKEPOIO VYOUEVO GTO
tetpdyovo. Apa pio Tiun yrato K givarn tiun k =36.
Ynpeioon.
Mia cbvtoun amdvinon pmopel va SAOGEL KATOW0G 610 TPOPANUa, ov Bempnoel Tov
apopd k =B® — A, ue B® > A .'Evag tétotog aptOuoc sivaro k = A —A..

B" AYKEIOY

Hpopiqpa 1
Noa tpocdiopicete TNV TN TOL OKEPALOL aplBod @ Yo TNV OToid O AKEPOLOG
A=(a?+18) —(8a +1)’

glvol TpOTOGC.

Avon
‘Exovpue

A=(a?+18) —(8a+1)’ =(a’ +18+8a +1)(a’ +18-8a 1)

(a” +8a+19)(a’ -8 +17) =| (a+4)" +3 | («-4)" +1].



Eneidn (o + 4)2 +32>3, 0 axépaiog A Qo eivon TpOTOC, HOVOV OTOV

(a-4) ' +1=1ca=4

Mpo6pinpa 2

Atvetan o&uyodvio 1oookeléc tpiymvo ABIT (AB=AI") kot onueio A ot 014pecd tov
AM 1éto10, ®ote MB = MI' = MA. Mg Bdon v AA xatackevdlovue TeTpdymvo
AAEZ (ot0 nuieninedo pe akun v AM, mov mepiéyet 1o ). Av K elvar to onueio
toung Tov AE kot I'Z, va amodeiete 6ti 1 MK elvan mapdAAnin oty AZ.

Avon

Lyfpa 3

[Ipoekteivoupe tic AE , BI' ko €6t N 10 onpeio topung toug.

And ™V 166t Tov yovidv A; = A, = N = 45° cvunepaivovue 611 10 Tpiy@vO
AMN eival 1600KELEC.

Emopévog MA=MN&SMA+AA=MI+I'N kot pe dedopévn v wcotto MI=MA,
katoAryovue: AA=I'N=AZ.

Oa cvykpivovpe Topa ta Tpiyove KAZ kot KNI
Ioyvovv ot eéttec: o) IN=AZ P) fl = il KoL) El = ﬁ
Apa ta tpiyovo KAZ kot KNI givan ioa, ondte KZ=KI" kow KA=KN.

Emopévog, 1 MK eivar d1dpecog (dpa kor vyog) 6to opfoydvio Kol 1GOCKEAES
tpiyovo AMN. Onote ot MK kot AZ givar mopdAinies (S10Tt givat kot ot dHo KabeTeg
otV oyovio AE.

Mpopinpa 3
Noa amodeitete 6Tt yia ka0e OeTikd mpaypatikd aptOud a 1oyvel n avicotTTa!
(2a+1)(2a+3)(2a+5)(2a +7) A 4
a(a+1)(a+2)(a+3) a



Avon (1° Tpomoc)
®a arodeiEovpe TPOTO OTL:

20{+1>2 0(+1. (1)
a a

[Ipdypoatt,  televtaio ival IGodvvaun pLe
(Za +1)2 S 4(a+1)

& (2a+1)" > ba(a+1) & 4a® +ba+1> 4a® +4a,
a a

OV 10Y(VEL.
Av Bdrovpe topa oty (1) 6mov @ 10 a +1, maipvoope Ot

20+3 a+?2
>

a+l 2 a+l @)
Kot opoimg maipvovpe ot
20:+5>2 a+3 3)  xa 205+7>2 a+4 (@)
a+2 a+2 a+3 a+3
[MoAlamAacialovtag Tic (1), (2), (3) ko (4) kot péEAN, Egovpe OTL:
(2a+1)(2a+3)(2a+5)(2a+7)>16\/a+1.a+2_a+3.a+4 16 a+4
a(a+1)(a+2)(a+3) a a+l a+2 a+3 a

mov glvai to {ntovpevo.

Hpopinpa 4
Na Bpebovdv ot un-apvntikoi tpaypotikoi apdpol X, Y, Z, W wov tKavorolovy Tig
TOPUKATO GYEGELS:
{X+1—W: 2, y+£—W: 2, z+£+w: 2, y+£+W: 2} .
X y X z
Avon
‘Ecto

X {x+izw+2 @, y+1:W+2 (2),z+£:2—w (3),y+1:2—w (4)}
X y X z
Me agaipeon kotd péAn tov (1) kot (2) Aappdvoope:
x—y+£—£=0<:>(x—y)[l—ij:0<:>x: y nxy=L.
X Yy Xy
Iepintmon 1: 'Ecto X =Y. Tote and 11g (3) ko (4) éxovue:
z+1:x+£<:>(z—x)(1+ij:0c>x:z n xz=-1.
X z ZX
e Av X=12, 101 X=Y =2 woranod 11 (1) ko (3) mpoxvnret Ot
w=0 kot X+1=2 & W=0 kot X=1. Enopévemg, oe avt v
X
vronepintoon £xovpe ™ Abon (X,y,z,w)=(1,110).

o Av xz=-1 1018 O1 X, Z 00 givon etepodonpot, ondte £vag Ba etvar apvnTiKoc.
Iepintomon 2: 'Ecto Xy =1.Tote pe apaipeon g (4) and v (3) Aappdvoope:
2—1:0<:> 7°-1=0<1z=1, agov z>0.
z
Me npocBeon tov (1) ko (3) AapPdavovpue

10



x+3:3<:>x2—3x+2:0<:>x:1 f X=2.
X

e T x=1, mpoxdrret ik n Aoon (X, y,z,w)=(1,1,10).

o T x=2, mpokvmrern) Aoon (X, y,z,w)=(2, %,1, %)

I'" AYKEIOY

Hpopiqpa 1

10 Kapteoiavd cvomuo cvvietaypévov OXy Bempovpe v mapoforn pe e€icwoon
y=x" kot to. onueia ¢ A,B xou I’ pe tetpnuéves o, B kot 7, avtictotyo, £T6t
wote a—f=LF-y=w>0. Na ekppdoete 10 gufaddv tov Tpryddvov ABI' g
GLVAPTNOT TOL @ .

Avon
Av givan A", B’ ka1 T o1 poPoréc twv onueimv A,B kou I' mve otov d&ova XX,
TOTE £YOVUE:

E(ABT')=E(AIT'A")-E(ABB'A")-E(BIT'B')

2, 2 2, 2 2., .2
XHY op @ +p -a)—'B 7 __2‘(20(24_2}/2_az_ﬂz_ﬂz_yz)

2 2 2

Zypa S
Ynpueioon.

H doxnon upmopet va Avbei pe ypnon tov tomov epfodod tprydvov oamd Tnv
Avoivtikn I'eopetpio Tov emmédov g B” Avkeiov. Eyxovpe

11



1 lla-p a*-p
E(ABF):Edet(BA,BF)ZE B g
Slle-p )Y
(=) -y +-a-p)

1

—(@= P77 -a) =5 o-(-0)(-20) ="
Hpoprnpa 2

Atvetan 10ookerég Tpiyovo ABIT pe AB=AI" kot A=45. 310 vyoc AA Bewpovpue
onupeio K wote AB = AI' = AK. Ot npoektdoelg tov vyov BE kot ['Z téuvouvv tov
mepryeypappévo Kokho tov tprydvov ABI, ota onueio M kor N avtictorya. Na
amodeitete 0TL Ta onueia N, K kot M givar cuvevbetokd.

Avo
Hpo';r]a Ba amoociCovpe 6011t KA = KB = KI' (dnAaon o6tt 10 onueio K givan 10
nepikevipo tov tpry@vov ABT).
Am6 10 opBoydvio kot 1cookeAEg Tpiywvo BAK, €yovpe: Ez = 45°,
Ao 10 1600KeAEG Tpiywvo ABT (apov A= 459) éyovpe:

B=90"—A, =90°—22,5°=67,5°
Apa ]§1 =B —I§2 =67,5-45 =225 = Al, oniadn to tpiyovo KAB eivan
wookerés pe KA=KB. Opowo amodeikvioope 6t KA=KI', ondte 10 K eivor 1o
KEVIPO TOL TTEPLYEYPOAUUEVOD KOKAOL TOV Tprymvov ABT.

O
n*
L}
L}
L}
1
1

-

.\_
———
.’ P

Zynuo 6

H yovia [ etvar eyyeypopuévn otov mepryeypappévo k0KkAo Tov Tptydvou mov Paivel
010 1050 AM.

A

Apa TI') = MBA =90° — A = 45° (amd 10 opBoydvio tpiymvo AEB).
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Ioyber emiong I', =90° ~A=45 (amd to opBoymvio Tpiywvo Al'Z).

Emopévog MIN = fl +f2 =90", oniodn n MN eivar d1dpeTpog Tov KOKAOVL, dpa Ba
nepvd and 1o kéEvrpo K tov kdKiov.

Mpépinpa 3
Eotw P(X)molvdvopo tetdptov Babpod, €100 hote:

(o) P(l) =1, P(Z) =4, P(S) =09, P(4) =16.
(B) O)ot ot cuvteheotés Tov P () eivan pkpotepot 1 icot tov 10.

Na Bpeite ™ pikpodTEPN Ko T peyaAdTEPN duvary Tiun tov P (5) :

Avo
To ngh)(bvo po Q (X) =P (X) — x* givon TeTdpTon Pabpov kat Aoy g (o) £xet pileg
Tovg apBpovg 1,2,3 kot 4. Eropévog pmopet va ypoaeet otn popen
Q(x)=P(x)-x*=a(x-1)(x-2)(x-3)(x—4)
< P(x)=a(x-1)(x-2)(x=3)(x—4)+x*
< P(x)=ax"-10ax’ +(35a+1) x* —50ax + 24a

Apa gtvon
P(5)=24a+25.
Adyo ¢ (P) &ovpe:
a<10, -10a <10, 35a+1<10, —-50a <10, 24a<10
< a<l10, a>-1, a<i a_—l a_10 @—ESasi.
35 5 24 5 35
Enopévmg, éxovpe:
—1<a<i<:>—ﬁ<24 <9 24 —Ejt25<24a+25<9 24+25
5 35 5 5 35
g<24a 25<1091 ﬁ<p( )<1091,
5 35 3) 35
01

oniadn n wkpdtepn dvvar T tov P (a) elvan %K(Xl N peyoAvtepn dvvorn T

tov P(a)sivon %
35

Hpopinpa 4

No. Bpeite évav TpdTo aptdpd mov drapei Tov apdpd A =147 +142 +1.

Avon

O¢tovpe Yy evkodo N=14 kot Bo TPoomaOHGOVUE VO TAPOYOVTOTOU|GOVUE TOV
apluo A= n’+n?+1. [Ipdrypatt, pmopodue va amodeifovpe 0tL 0 n?+n+1 sivo
TapAyovtdg Tov A og eENG:
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A=n"+n?+1=n"-n+n?+n+1l=n(n®-1)+n®+n+1=
=n(M*+D(M*-D+n®+n+l=n(n*+)(n-D(n*+n+1)+n’+n+1=
=(n?+n+1)(n°-n*+n?—n+1)

Enopévmg o ap1Bpog n+n+1=14% +14+1=211 dwupel Tov ap1Bud A . EmmAéov, o
211 glvon mpwrtog Kou to {nTovpeEvo Enetal.
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